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Theorem 0.1 (Bergelson (1985), Theorem 1.1). Let (𝑋, ℬ, 𝜇) be a probability
space and suppose that 𝐵𝑛 ∈ ℬ such that 𝜇(𝐵𝑛) = 𝑏 > 0 for all 𝑛 ∈ ℕ.

Then there exists a positively dense index set 𝐼 ⊂ ℕ such that, for any finite
subset 𝐹 ⊆ 𝐼, we have

𝜇 (⋂
𝑖∈𝐹

𝐵𝑖) > 0.

Theorem 0.2 (cf. Lindenstrauss (2001), Theorem 1.2). Let Γ be a discrete
amenable group acting on a measure space (𝑋, ℬ, 𝜇) by measure preserving
transformation and let Φ = (Φ𝑁)𝑁∈ℕ be a tempered Følner sequence.

Then, for any 𝑓 ∈ L1(𝜇), there is a Γ-invariant ̄𝑓 ∈ L1(𝜇) such that

lim
𝑁→∞

1
𝜆Φ𝑁

∑
𝛾∈Φ𝑁

𝑓(𝛾.𝑥) = ̄𝑓(𝑥)

for 𝜇-almost every 𝑥 ∈ 𝑋. In particular, if the Γ action is ergodic, then

lim
𝑁→∞

1
𝜆Φ𝑁

∑
𝛾∈Φ𝑁

𝑓(𝛾.𝑥) = ∫ 𝑓(𝑥) 𝑑𝜇(𝑥)

for 𝜇 almost every 𝑥.
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Corollary 0.1 (cf. Host (2019), Corollary 8). Let (𝑋, Γ) be a topological
dynamical system where Γ is an amenable group, 𝜇 an ergodic measure on 𝑋
and Φ a tempered Følner sequence. Then 𝜇-almost every 𝑥 ∈ 𝑋 is generic for 𝜇
along Φ.
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