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Theorem 0.1 (cf. Kra et al. (2022), Theorem 2.10). Let Γ be an amenable
group, 𝐴 ⊂ Γ, and Φ be a Følner sequence in Γ such that the limit

𝛿 = lim
𝑁→∞

𝜆𝐴 ∩ Φ𝑁
𝜆Φ𝑁

exists.

Then there exists an ergodic system (𝑋, 𝜇, Γ) that is acted on by Γ, a clopen set
𝐸 ⊂ 𝑋, a Følner sequence Ψ in Γ, and a point 𝑎 ∈ 𝑋 that is generic with 𝜇 with
respect to Ψ such that 𝜇(𝐸) ≥ 𝛿 and

𝐴 = 𝛾 ∈ Γ ∶ 𝛾.𝑎 ∈ 𝐸.
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